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Figure 4. Three-dimensional visualization of vertical magnetic field, Bz at
the surface (colour-coded) together with three-dimensional volume render-
ing of the vertical component of the magnetic field for Run RM1.

Figure 5. Time evolution of Bz/Beq in the xy-plane at the top surface for
Run RM1.

Figure 6. Time evolution of Bz/Beq in the yz-plane through x/Hρ = π for
Run RM1.

4.2 Relation to downflows

As follows from previous related studies of forced turbulence (Mi-
tra et al. 2014), the magnetic flux concentrations tend to form in
regions with downflows. To study this effect, we plot in the upper
panel of Fig. 7 the large-scale horizontal velocity,

〈
(Ux,Uy)

〉
k6

(blue

arrows), together with a grey-scale representation of B2
z /B

2
eq(z) at

the surface for t/τ td = 2.46. Here, 〈·〉k6
denotes Fourier filtering,

applied to obtain smoother contours. We see that there are positions
where the horizontal velocity around or near the edge of the each
spot is high. Furthermore, the horizontal velocity is small where the
field is strong, which is consistent with the presence of downflows.
This is shown in the lower panel of Fig. 7, where we plot 〈Uz〉k6

in an xz-plane through y/Hρ = −1.5. There are indeed clear down-
flows below the magnetic flux concentration. This is in agreement
with previous studies of magnetic field concentrations in one-layer
turbulence.

4.3 Scale separation

Previous studies of magnetic flux concentrations in turbulence with
weak imposed magnetic field have shown that NEMPI forms mag-
netic concentrations only when the scale-separation ratio, kf/k1, is
about 15 or larger (Brandenburg et al. 2014). Therefore, we per-
form a simulation with kf/k1 = 5 to study whether the formation
of structures is still possible in such a model. Fig. 8 presents the
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Turbulent reconnection of magnetic bipoles 4051

Figure 7. Upper panel: velocity vectors, 〈Ux〉k6
and

〈
Uy

〉
k6

(blue ar-

rows) plotted on a grey-scale representation of B2
z /B2

eq(z) at the surface
and t/τ td = 2.46 for Run RM1. Lower panel: visualization of 〈Uz〉k6

on
xz-plane at y/Hρ = −1.5 (red dashed line on the upper panel).

visualization of Bz at the surface of the box for such a simulation.
Surprisingly, in our stratified two-layer forcing model, the bipolar
magnetic structures continue to form, and follow a similar evolution
as in the case with higher scale-separation ratio. The only differ-
ence is the time delay in the formation of the first structure and their
irregular and fast motions.

The other interesting case is when we apply a forcing profile that
is helical in the entire domain (Run RM1zs). In such a system, we
expect the formation of a bipolar structure at much earlier times,
because the large-scale dynamo is now allowed to work in the entire
domain so we should observe propagating dynamo waves at all
depths. Our results confirm this already at a time of around 0.37τ td,
when a magnetic structure develops at the surface and the evolution
of the structures occurs faster than in the two-layer simulations.

4.4 Evolution of bipolar structures

To investigate the evolution of the bipolar magnetic structures in
more detail, we study the motion in the vicinity of the magnetic
structures. In the early stage of the formation of bipolar structures,
they tend to have round yin-yang shapes and each polarity rotates
clockwise, independently of each other. When the structures move
close enough to each other, their motion is no longer indepen-
dent. After the formation of the elongated structures (see Fig. 5 at
t/τ td = 1.51 and 1.82), one can see an anti-clockwise rotation at
the border between opposite polarities (at t/τ td = 2.13 and 2.44 in
this figure), which tends to break the connection and destroys the
elongated structure. We suggest that the clockwise rotation of struc-
tures is due to the presence of a strong large-scale magnetic helicity

Figure 8. Same as Fig. 5 but for Run RM1k with kf = 5.

Table 2. Summary of the runs with rotation. The reference run is shown
in bold.

Run Co θ λ/ηt0k
2
1

RM1 0 0 0.014
R1 0.037 0 0.041
R2 0.37 0 0.040
R3 0.74 0 0.033
R4 0.37 π/4 0.040
R5 0.37 π/2 0.040
R6 − 0.37 0 0.040
R7 1.4 0 0.015

associated with the structure. In other words, the travelling dynamo
waves reach the surface and affect the evolution and motion of the
magnetic structures. The anti-clockwise rotation, however, might
be driven either by some instability, which occurs when opposite
magnetic fields come close to each other (e.g. an instability similar
to tearing instability during reconnection) or it might be caused by
the interaction of two rotating polarities that are now coupled.

4.5 The effect of rotation

In this work, we also study the effect of rotation on the formation and
the evolution of the magnetic structures. We perform simulations
with different Coriolis numbers, Co = 0.03, 0.3, 0.7, and 1.4. Table 2
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4052 S. Jabbari et al.

Figure 9. Time evolution of Bz/Beq, together with By/Beq and Bz/Beq vectors for Run RM1.

shows the parameters of these runs. Previous studies showed that for
Co larger than 0.1, rotation suppresses the formation of magnetic
structures by NEMPI, see Losada et al. (2013) and Jabbari et al.
(2014). However, our present study shows that in our two-layer
dynamo model, magnetic structures survive for Co as large as 1.4.
It should also be noted that the combination of stratification and
rotation leads to the generation of an additional contribution to the
kinetic helicity in the system (Krause & Rädler 1980; Kleeorin
& Rogachevskii 2003; Jabbari et al. 2014). This contribution is
either constructive if Co < 0 (producing extra positive helicity)
or destructive if Co > 0 (producing negative helicity). This could
modify the dynamo action, but in the present case the Coriolis
number is still too small for the rotation-induced helicity to be
important; see fig. 5 of Jabbari et al. (2014).

One of the possible reasons for the existence of magnetic struc-
tures for moderate rotation rates (Co ≤ 1.4) is the large-scale dy-
namo that increases the magnetic flux. Indeed, NEMPI cannot create
a new flux, but can only redistribute it by forming magnetic concen-
trations in certain small regions. Since the dynamo systematically
produces new magnetic flux, and NEMPI redistributes it, the mag-
netic concentrations survive even for a moderate rotation.

It turns out that in the presence of rotation with Co > 0, there is
a delay in the formation of bipolar structures and the development
of their shape during the early stage. In the case without rotation,
the structure has spherical-like shape in the early stage of formation
before it becomes elongated. This does not happen at finite rotation
with Co > 0. In the presence of rotation, even in the early stage of
bipolar structure formation, it has a random elongated shape, which
changes rapidly in time. In the presence of rotation, it takes more
time for the magnetic structures to become intense and concentrated.

5 R E C O N N E C T I O N IN T H E U P P E R L AY E R S

The production of sharp fronts can be seen in Figs 5 and 6, where
we plot Bz/Beq in two different planes. During the evolution of the
magnetic structures, the bipolar regions evolve into stripes of oppo-
site polarities separated by a current sheet; see Fig. 4. In Fig. 9, we
zoom in on the sharp front in Bz/Beq, where we also see vectors
of By/Beq and Bz/Beq in the yz-plane for our reference run. By
comparing the field lines with Fig. 10, one can see a similar recon-
figuration of magnetic field lines during spot evolution. It is clear
from this figure that field lines with opposite signs of Bz/Beq are
reconnected and a y component of the magnetic field is generated.

On a time-scale that lies somewhere between the resistive diffu-
sion and Alfvén time-scales, magnetic reconnection occurs which
causes the magnetic field topology to change and leads to the con-
version of magnetic energy to thermal energy, kinetic energy and
even particle acceleration; see the sketch in Fig. 10. According to
the Sweet–Parker theory (Parker 1957; Sweet 1958, 1969; Parker

Figure 10. Upper panel: formation of a current sheet before the reconnec-
tion. Lower panel: magnetic configuration after the reconnection.

1994), hereafter SP theory, the rate of reconnection, Vrec depends
on the Lundquist number, S:

Vrec = VAS−1/2. (6)

In the turbulent regime of reconnection, Vrec is independent of
the Ohmic resistivity (Lazarian & Vishniac 1999); see also Eyink
et al. (2011). This conclusion is supported by numerical simulations
(Kowal et al. 2009). According to Lazarian & Vishniac (1999), the
upper limit for the reconnection rate is

Vrec ∼ VAM2
A, (7)

where MA = urms/VA is the Alfvén Mach number.
For large Lundquist numbers, and in the turbulent regime of re-

connection, Vrec is independent of S. This conclusion is confirmed by
recent numerical simulations (Loureiro et al. 2009; Huang & Bhat-
tacharjee 2010). For S > 104, the Sweet-Parker current sheet is un-
stable (Biskamp 1986; Loureiro et al. 2005, 2012; Oishi et al. 2015).
For spontaneous magnetic reconnection, according to magnetohy-
drodynamic numerical simulations (Loureiro et al. 2009; Huang &
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Turbulent reconnection of magnetic bipoles 4053

Table 3. Summary of the reconnection parameters.

Run ReM η t/τ td Lz urms/cs VE/cs VA/cs MA S S−1/2 VE/VA M2
A Vin/cs Vin/VA

RM0 10 3 × 10−4 0.97 0.025 0.125 0.04 0.319 0.39 26 0.196 0.127 0.149 0.033 0.104
D1 16 2 × 10−4 0.65 0.0246 0.12 0.0136 0.231 0.52 28 0.188 0.0589 0.27 0.0101 0.0437
D1 16 2 × 10−4 0.84 0.0247 0.118 0.0206 0.299 0.4 37 0.165 0.0689 0.156 0.0212 0.0709
D1 16 2 × 10−4 0.97 0.123 0.104 0.0067 0.169 0.62 104 0.098 0.0397 0.379 0.0075 0.0444
RM1 50 5.7 × 10−5 2.87 0.0493 0.115 0.0107 0.228 0.5 187 0.073 0.047 0.254 0.0154 0.068
RM1 50 5.7 × 10−5 2.92 0.0493 0.120 0.0151 0.275 0.44 226 0.067 0.055 0.191 0.0211 0.077
RM1 50 5.7 × 10−5 2.99 0.0986 0.122 0.0099 0.323 0.38 531 0.043 0.031 0.143 0.0176 0.055
RM1 50 5.7 × 10−5 3.04 0.1478 0.126 0.0120 0.395 0.32 973 0.032 0.03 0.102 0.0184 0.047
RM1 50 5.7 × 10−5 3.09 0.1971 0.123 0.0108 0.441 0.28 1449 0.026 0.025 0.078 0.0145 0.033
RM1 50 5.7 × 10−5 3.16 0.1971 0.117 0.0071 0.435 0.27 1429 0.027 0.016 0.072 0.0093 0.022
RM1 50 5.7 × 10−5 3.21 0.5914 0.118 0.0121 0.395 0.3 3893 0.016 0.031 0.089 0.0137 0.035
RM1 50 5.7 × 10−5 3.34 1.7987 0.109 0.0061 0.322 0.34 9653 0.010 0.019 0.115 0.0112 0.035
RM1 50 5.7 × 10−5 3.46 1.3306 0.103 0.0060 0.239 0.43 5300 0.014 0.025 0.186 0.0092 0.039
RM1 50 5.7 × 10−5 3.58 0.9363 0.096 0.0075 0.176 0.55 2747 0.019 0.043 0.298 0.0104 0.059
RM1 50 5.7 × 10−5 3.71 0.4435 0.092 0.0053 0.130 0.71 961 0.032 0.041 0.501 0.0043 0.033
RM1 50 5.7 × 10−5 3.83 0.3450 0.094 0.0101 0.089 1.06 512 0.044 0.11 1.116 0.0107 0.12
RM2 130 2 × 10−5 1.6 2.4147 0.092 0.0039 0.183 0.50 22 095 0.0067 0.0213 0.253 0.0058 0.032
RM2 130 2 × 10−5 1.65 1.7987 0.093 0.0089 0.181 0.51 16 278 0.0078 0.0492 0.264 0.0094 0.052
RM2 130 2 × 10−5 1.7 1.4045 0.094 0.0074 0.187 0.50 13 132 0.0087 0.0396 0.253 0.0091 0.049
RM2 130 2 × 10−5 1.75 1.1581 0.091 0.0080 0.194 0.47 11 234 0.0094 0.0412 0.220 0.0094 0.049
RM2 130 2 × 10−5 1.8 0.8131 0.092 0.0080 0.187 0.49 7603 0.0115 0.0428 0.242 0.0094 0.050
RM2 130 2 × 10−5 1.9 0.5174 0.088 0.0051 0.151 0.58 3906 0.0160 0.0338 0.340 0.0074 0.049
RM3 260 1. × 10−5 3.04 0.468 0.09 0.005 0.198 0.455 9266 0.011 0.024 0.207 0.005 0.024
RM3 260 1. × 10−5 3.24 0.665 0.088 0.006 0.178 0.494 11 837 0.009 0.033 0.245 0.005 0.028
RM3 260 1. × 10−5 3.33 2.538 0.086 0.004 0.165 0.521 41 877 0.005 0.026 0.272 0.004 0.024
RM3 260 1. × 10−5 3.43 1.848 0.086 0.005 0.159 0.541 29 383 0.006 0.032 0.293 0.003 0.021
RM3 260 1. × 10−5 3.53 1.010 0.086 0.006 0.154 0.558 15 554 0.008 0.035 0.312 0.003 0.021
RM3 260 1. × 10−5 3.63 0.542 0.087 0.022 0.094 0.926 5094 0.014 0.233 0.857 0.007 0.070

Bhattacharjee 2010; Beresnyak 2013), the rate of the reconnection,
Vrec, for S > 104 is of the order of

Vrec ∼ (1−3) × 10−2VA. (8)

To determine Vrec, one can use two approaches. In one approach,
the value of the inflow in the vicinity of the current sheet is measured
(as sketched in Fig. 10). For a turbulent plasma, on the other hand,
one can use a more general and accurate method. In this approach,
one uses Ohm’s law:

ημ0 J = E + U × B, (9)

so that the rate of the reconnection, Vrec, can be determined as
Vrec � VE, where

VE = 〈|E|〉
〈|B|〉 = η〈|μ0 J |〉 − 〈|U × B|〉

〈|B|〉 , (10)

and angular brackets denote averaging along the z-direction (along
the largest side of the current sheet, i.e. perpendicular to the current,
see Fig. 10). Thus, the method of determining Vrec in numerical
simulations is as follows: (i) find the region with the current sheet
that is separating magnetic fields of opposite polarities; (ii) use
different instants of the formation of the current sheet and determine
the value of Vrec, the length of the current layer,Lz, in the z-direction,
the Alfvén speed VA in these instants. Finally, we determine S−1/2

and M2
A = u2

rms/V
2

A, and compare these quantities with the obtained
value of Vrec/VA. We recall that the length of the current sheet Lz

enters in the definition S = VALz/η, and the time when Lz reaches
its maximum value marks the starting time of reconnection.

To determine Vrec, we use x-averaged data, average over the in-
terval (z1, z2), where Lz = z2 − z1 is the length of the current sheet.

Next, we measure the value of Vrec as VE(y∗) and Vin(y∗), while y∗

is a point, which is in the vicinity of the current sheet. Fig. 10, upper
panel, already shows the position of Vrec, which is the same for both
Vin and VE.

The resulting values of Vrec are summarized in Table 3. For com-
parison, we measure both the velocity VE using equation (10) and the
incoming velocity Vin in the vicinity of the current sheet (in the case
of a two-dimensional flow in the xz-plane it is in the y-direction).
We normalize these velocities by 〈VA〉, because VA varies with time
(see Fig. 11). In this section, in order to be able to compare the
results of different runs, we use (t − trec)/τ td for the normalized
time, where trec is the time when the reconnection starts for each
individual Run. Fig. 11 presents the time evolution of the differ-
ent quantities in three separate panels: 〈|B|〉 and 〈|E|〉 in the upper
panel, VA/〈VA〉 and urms/〈urms〉 in the middle panel, and finallyLzk1

in the lower panel. The different colours represent different values
of ReM. One can see that, urms/〈urms〉 does not change strongly with
time and VA/〈VA〉 changes when ReM is smaller (ReM = 50). This
implies that the major change in S comes from the change in the
length of the current sheet (see the lower panel of Fig. 11).

To check which regime of magnetic reconnection is appropriate,
we plot in Fig. 12 VE as a function of S. By comparing the curves
for different magnetic Reynolds numbers, ReM = 50, 130, 260, it
is clear that our data points are consistent with the turbulent regime
of reconnection (Loureiro et al. 2009, 2012; Huang & Bhattachar-
jee 2010; Beresnyak 2013), where the reconnection rate is nearly
independent of S. Fig. 13 demonstrates that the reconnection rates
obtained from the measurements of Vin and VE are similar.

The dependence of the reconnection rate on MA is shown in
Fig. 14. To compare the resulting data from our simulations with
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Figure 11. Upper panel: time evolutions of 〈|B|〉 (solid) and 〈|E|〉 (dot-
ted), both normalized by their time-averaged value. Different colours are
related to three different ReM (Runs RM1, RM2, and RM3). Middle panel:
time evolutions of VA/〈VA〉 (stars), and urms/〈urms〉 (circles) for Runs RM1
(black), RM2 (blue), and RM3 (red). Lower panel: time evolutions of Lzk1

(triangles) for Runs RM1 (black), RM2 (blue), and RM3 (red).

Figure 12. Reconnection rate VE/〈VA〉 normalized by the mean Alfvén
speed versus S. The colours represent the value of ReM [Runs RM1 (circles),
RM2 (stars), and RM3 (triangles)].

the model of Lazarian & Vishniac (1999), we also plot the linear fit
to the data points in Fig. 14. It is clear that our data points strongly
deviate from the predicted M2

A line, and are thus inconsistent with
Lazarian & Vishniac (1999). However, Vrec is weakly dependent

Figure 13. Reconnection rate VE/〈VA〉 normalized by the mean Alfvén
speed versus Vin/〈VA〉. The colours represent the value of ReM [Runs RM1
(circles), RM2 (stars), and RM3 (triangles)].

Figure 14. VE normalized by 〈VA〉 as a function of MA. The solid line
presents the best linear fit. Different colours present different values of ReM

[ReM=50 (Run RM1), black circles, ReM=130 (Run RM2), blue stars, and
ReM=260 (Run RM3), red triangles].

on the Ohmic resistivity (see Figs 12 and 14), in agreement with
Lazarian & Vishniac (1999).

6 C O N C L U S I O N S

In this paper, we have extended the results of Mitra et al. (2014)
to higher magnetic Reynolds numbers and have investigated the
effects of rotation at different Coriolis numbers. Our results demon-
strate that in the two-layer model with helical forcing in the lower
part and non-helical forcing in the upper, sharp bipolar spots form at
the surface, expand and then develop stripy structures. The observed
effects are similar for different values of ReM and Co. In our present
simulations, for Co as large as 1.4, we still observe the formation of
the intense bipolar structures. This value is significantly larger than
what was previously obtained in studies of magnetic flux concentra-
tions in rotating turbulence with an imposed weak magnetic field.
One of the plausible explanations for this is the large-scale dynamo
which increases magnetic flux. By contrast, NEMPI cannot produce

MNRAS 459, 4046–4056 (2016)

 at U
niversity of C

olorado on M
ay 19, 2016

http://m
nras.oxfordjournals.org/

D
ow

nloaded from
 

http://mnras.oxfordjournals.org/


Turbulent reconnection of magnetic bipoles 4055

new flux, but only redistribute it, forming magnetic concentrations
in small regions. Thus, the large-scale dynamo systematically pro-
duces new magnetic flux, while NEMPI redistributes it. This could
be the reason why the magnetic concentrations survive even for
moderate rotation. Although there are dynamo-generated magnetic
fields in our simulations, which is more realistic compared to several
previous models with an imposed magnetic field, we still observe
evidence for downflows at the locations of magnetic structure for-
mation, similar to Brandenburg et al. (2014), Mitra et al. (2014),
and Jabbari et al. (2015).

What is surprising is the long lifetime of the resulting bipolar re-
gions, which exceeds several turbulent diffusion times. We suggest
that the main reason why these intense magnetic structures survive
longer is the magnetic reconnection phenomenon in the vicinity of
the current sheet between opposite magnetic polarities. We have
determined the reconnection rate for a range of different param-
eters and have shown that for high Lundquist numbers, S > 103,
the measured reconnection rate is nearly independent of S. This
result is consistent with recent numerical simulations in a turbulent
regime of reconnection performed by other groups (Loureiro et al.
2009; Huang & Bhattacharjee 2010; Loureiro et al. 2012; Beresnyak
2013). The measured reconnection rate is weakly dependent on the
Alfvén Mach number, MA, which is inconsistent with predictions
of Lazarian & Vishniac (1999). On the other hand, the reconnection
rate is also weakly dependent on the Ohmic resistivity, in agreement
with Lazarian & Vishniac (1999).

In this work, we have also investigated the effects of varying the
scale-separation ratio, kf/k1. Contrary to earlier studies of NEMPI,
for kf/k1 as small as five, bipolar magnetic structures still form.
Our previous studies of unipolar magnetic concentrations with an
imposed weak mean magnetic field have shown that, although the
effective magnetic pressure (the sum of turbulent and non-turbulent
contributions) becomes negative even for moderate scale separation
ratio (about 3–5), the large-scale instability (NEMPI) is excited only
if the scale-separation ratio is large enough (>15). This suggests
that the phenomenon we find in our DNS cannot be understood
solely in terms of NEMPI.

In the more complicated two-layer system with a dynamo-
generated magnetic field, two instabilities (dynamo and possibly
NEMPI or the magnetic buoyancy instability) may be excited. We
stress that in both, our two-layer model with dynamo-generated
magnetic field and in turbulent systems with an imposed magnetic
field where NEMPI is known to be excited, strong density stratifi-
cation plays an important role. Furthermore, there is evidence for
the existence of downflows at the locations of magnetic structures
in both systems. However, in our two-layer model the formation of
bipolar regions is still observed for smaller scale separation ratios
than what was required for a turbulent system with an imposed
magnetic field where NEMPI was excited.

The process maintaining the bipolar structures may be related to
or associated with NEMPI. It may also be possible that the positive
magnetic pressure associated with the strong dynamo-generated
magnetic field in non-linear stage of evolution is responsible for
the formation of the sharp interface of the bipolar structures found
in the upper layers, where the plasma beta is no longer very large.
However, a conclusive answer cannot be given at present. To ar-
rive at a more definitive conclusion regarding the mechanism of
bipolar structure formation, it would be desirable to measure the
effective magnetic pressure tensors in our two-layer model and to
study their parameter dependencies in more detail. This requires the
development of an adequate test-field method. This is a subject of
a separate study.
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